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Abstract: The organic Rankine cycle (ORC) is an efficient technology for electricity generation from
low- and medium-temperature heat sources. In this type of power cycle, the radial inflow turbine
is the option usually selected for electricity generation. As a critical ORC component, turbine
performance markedly affects the efficiency of the system. Therefore, the challenge is to model the
behavior of the radial inflow turbine operating with organic fluids for heat recovery applications.
In this context, various groups of fluids are highlighted in the scientific literature, including R-123,
R-245fa, and R-141b, which are the fluids used in this research. Since little research has focused on
the turbine efficiency effect on the power cycle design and analysis, this study presents an analysis of
a radial inflow turbine based on a mathematical model of a one-dimensional design of the turbine.
From this analysis, geometric, thermal, and operating parameters were determined, as well as volute,
stator, and rotor losses. For this purpose, an algorithm was implemented in MATLAB to calculate
the one-dimensional parameters of the turbine. Using these parameters, a 3D model of the turbine
was designed in ANSYS-CFX, with performance curves of each projected turbine under design and
off-design conditions. The numerical results suggest that the isentropic efficiency of all the proposed
turbines under design conditions can surpass 75%. Additionally, the findings indicate that different
design conditions, such as specific speed, pressure ratio, and turbine size, can affect the efficiency of
radial inflow turbines in ORC systems.

Keywords: radial turbine; organic Rankine cycle; off-design conditions; turbine design; three-
dimensional analysis

1. Introduction

The constant development of society and the continuous increase in global energy con-
sumption have contributed to the increased demand for fossil fuels and increased greenhouse
gas emissions to the atmosphere [1–4]. Therefore, technologies have been implemented to re-
duce polluting effects caused by the combustion of fossil fuels in the industrial sector [5], such
as heat recovery in some industrial processes [6–8] from energy sources, such as solar [9,10]
and geothermal [11,12] energy, and internal combustion engines [13,14].

In this global scenario, the implementation of new technologies has gained momentum,
with the organic Rankine cycle (ORC) [15,16] recognized as a promising and environmentally
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friendly technology for heat recovery from medium- and low-temperature sources [17,18].
The advantages of this type of system include its low cost, high efficiency for heat recovery
processes, compact structure, easy maintenance, and compact configuration [19,20].

Based on the results from experimental research and scientific publications, the turbine
is the most important component and has the strongest effect on ORC operation [21,22].
Different types of expanders can be used in a wide range of commercial applications, in-
cluding mainly axial and radial turbines [23,24]. Axial turbines typically outperform radial
turbines under high-mass-flow and low-pressure-ratio conditions [25]. Radial turbines are
preferred for operating under low-mass-flow and high-pressure-ratio conditions and for
their compact sizes and low manufacturing costs [26]. They are also ideal for working with
dry, isentropic fluids [27], at a high rotation speed, and with high enthalpy drop in the
fluid expansion process [28]. Considering the characteristics of expanders used in some
applications of ORC systems reviewed above and the fact that radial inflow turbines are
usually selected for OCR applications [26], this study focuses on this type of turbine.

Some studies of this type of turbine are discussed below: Atkinson [29] developed a
mathematical model for characterizing the behavior of radial gas turbines to make them
efficient in low-power applications. The author presented the procedure for designing the
rotor, inlet guide vanes, and volute, as well as defining variables, calculating parameters,
and establishing criteria for performing these calculations. He also developed a one-
dimensional design of the rotor and a 3D computational fluid dynamics (CFD) design of
the rotor. Based on the models defined by Atkinson, two gas turbines were manufactured
and tested. The first turbine was built to generate 96 kW for research purposes, while the
second turbine was built to generate 3.2 kW for a high-speed turbo-alternator for a hybrid
electric car. Salih [30] introduced a procedure for designing a radial inflow turbine; then,
he performed numerical simulations and optimized the turbine for energy recovery in
automotive applications based on this procedure. The geometry of the turbine was initially
designed for the point of operation. The working fluid used in the different turbine tests
was ethanol (C2H5-OH). The parameters of the preliminary turbine design were analyzed
and calculated in MATLAB, while the 3D analysis of the turbine rotor and nozzle passage
was performed in MATLAB ANSYS-CFX 14.5. The K-ω and k-ε shear stress transport (SST)
turbulence models were implemented in this study. Miranda [31] presented a preliminary
design of a subsonic radial turbine that works with organic fluids, such as R-123, R-134a,
R-141b, and R-152a, that considered the real properties of these fluids. For these tests, the
author used Fortran to develop the parameter calculation algorithm and CFD to perform
the 3D analysis of the turbine. The program developed in Fortran for the one-dimensional
analysis of the turbine determined the characteristics of the flow along the mean streamline
for the point of operation under steady-state conditions. The parameters calculated by the
one-dimensional analysis were used as inputs for the 3D design of the turbine in ANSYS.
Under such conditions, the author ultimately found that R-141b enabled the largest turbine,
with a rotor of 114.144 mm in radius and with a total efficiency of 70.504%. The analysis of
turbine efficiency as a function of blade tip clearance and rotor backplate showed that the
latter had a stronger effect on turbine operation and power output.

Song et al. [32] developed a mathematical model for determining the influence of
the radial inflow turbine efficiency prediction on the design and analysis of ORC systems
operating with different working fluids, namely R-123, R-600, R-600a, R-236ea, R-236fa,
R-245ca, and R-245fa. The authors found that the ORC system reached the maximum
efficiency of 11% when operating with R-123. When analyzing the power generated by the
cycle by evaluating the different working fluids at a constant value of turbine efficiency, the
authors found that the maximum power was achieved with R-236fa and R-236ea. When
studying the ORC system by varying the turbine efficiency, R-123 increased the temperature
by 2 K and the power by 1.2%. Song et al. [33] reported the preliminary design of a
centrifugal turbine for ORC applications, operating with different working fluids, namely
R-123, R-245fa, R-600, R-601a, R-245ca, and R-141b. In this study, the authors conducted a
performance analysis to optimize the centrifugal turbine design proposed in their research.
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The results from the analysis of different turbine configurations showed that the isentropic
efficiency at design conditions surpassed 82.7%, reaching 330 kW power. Da Lio et al. [34]
implemented a mean-line model to predict the influence of the design efficiency of radial
inflow turbines on ORC systems operating with R-245fa as the working fluid. The authors
found that the efficiency and size of a single-stage radial inflow turbine are affected by
parameters, such as specific speed, velocity ratio, and pressure ratio, assessing efficiencies
ranging from 85 to 90% for a power output of 50 kWe. Zheng et al. [35] implemented a
method for the performance analysis of an ORC radial inflow turbine operating under
design and off-design conditions, based on a mathematical method and CFD using R-134a
as the working fluid. The results highlighted the relevance of combining 1D mathematical
models with CFD techniques as a strategy for achieving results close to the real operation
of this type of machine. In addition, this approach makes it easier to predict the turbine
behavior under off-design conditions and, above all, to define strategies for improving the
turbine. Han et al. [36] presented in their study a particle swarm optimization analysis
for the preliminary design of radial inflow turbines and working fluid selection. In their
analysis, the authors used R-124, R-245fa, R-600, R-134a, R-152a, and R-236fa fluids. The
results from this research determined the optimal configuration of the turbine working with
R-245fa for its small size, high efficiency (92.9%), and high load coefficient (1.1027). The
analysis of the turbine under off-design conditions showed that the isentropic efficiency
increased with the decrease in the pressure ratio and turbine inlet temperature and with
the increase in power output. The exergy and isotropic efficiencies decreased slightly with
the increase in turbine inlet temperature. Li et al. [37] conducted a thermodynamic analysis
and design optimization of a radial inflow turbine for organic Rankine cycles. In their
analysis, the authors considered three temperature conditions for the heat source of the
organic Rankine cycles, that is, 300, 350, and 400 ◦C. In total, eight working fluids were
evaluated—six pure siloxanes and two siloxane mixtures. The results showed that the
turbine power output and thermal efficiency of the cycle are more sensitive to the pressure
ratio, while the turbine size is more sensitive to the turbine inlet temperature and specific
speed. Siloxane blends have a higher efficiency than pure working fluids but require a
larger turbine and heat exchanger. Cyclohexane, toluene, m-xylene, and hexane make it
possible to achieve higher efficiency and reduce the turbine and heat exchanger sizes.

As shown in the literature review, various applications enable the implementation
of technologies for electricity generation from low- or medium-temperature heat sources.
Therefore, further research on ORC systems and turbines used in each application has been
conducted to consolidate and expand the knowledge on operating and design parameters
of turbine projects, which are considered the most important components of ORC systems.

As shown in the presented literature review, some published works focus on the
development of turbine design models of different types. Some of these study radial
turbines at design conditions and outside the design conditions, mainly for high operating
temperature power sources. However, these types of studies have not been carried out for
low- and medium-temperature heat sources such as solar energy in regions of low solar
irradiation intensity.

The main scientific contribution of the present study is the implementation of a method
for analyzing and calculating the parameters of a radial inflow turbine for operating an ORC
system activated by solar concentration technologies, such as parabolic trough collectors,
at locations under solar irradiation conditions less intense than those in arid or desert areas.
This research was conducted using the electricity generation installation of the Renewable
Energy Laboratory at the Federal University of Itajubá (Universidad Federal de Itajubá—
UNIFEI), Brazil, as a reference [38]. This laboratory has the following technologies: two
electricity generation systems based on solar energy that uses dish Stirling technologies, one
electricity generation system based on biomass gasification, and one electricity generation
system based on solar energy using parabolic trough collector technology integrated with
an ORC system. This laboratory was built with resources from the research project titled
Proyecto de sistema híbrido solar/biomasa [Solar/Biomass Hybrid System Project] (PD-
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0063-0041/2011), funded by the Brazilian Electricity Regulatory Agency (Agência Nacional
de Energia Elétrica—ANEEL)/Rio Grande Energia Limited Company (Rio Grande Energia
S.A.—RGE)/CPFL-Paulista/CPFL-Piratiniga.

2. One-Dimensional Model of the Radial Turbine

Figure 1 shows the calculation algorithm developed and implemented in MATLAB to
model the turbine [39].

Energies 2023, 16, x FOR PEER REVIEW  4  of  32 
 

 

arid or desert areas. This research was conducted using the electricity generation installa‐

tion of the Renewable Energy Laboratory at the Federal University of Itajubá (Universidad 

Federal de Itajubá—UNIFEI), Brazil, as a reference [38]. This laboratory has the following 

technologies: two electricity generation systems based on solar energy that uses dish Stir‐

ling  technologies, one electricity generation system based on biomass gasification, and 

one electricity generation system based on solar energy using parabolic trough collector 

technology integrated with an ORC system. This laboratory was built with resources from 

the research project titled Proyecto de sistema híbrido solar/biomasa [Solar/Biomass Hy‐

brid System Project] (PD‐0063‐0041/2011), funded by the Brazilian Electricity Regulatory 

Agency  (Agência Nacional de Energia Elétrica—ANEEL)/Rio Grande Energia Limited 

Company (Rio Grande Energia S.A.—RGE)/CPFL‐Paulista/CPFL‐Piratiniga. 

2. One‐Dimensional Model of the Radial Turbine 

Figure 1 shows the calculation algorithm developed and implemented in MATLAB 

to model the turbine [39]. 
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As shown in Figure 1, in the initial phase of the calculation algorithm, the necessary
parameters were introduced in the power block to characterize the energy source. Subse-
quently, some operating and design parameters and operating conditions were defined,
including the initial value of turbine efficiency. By following the defined steps, the design
parameters, necessary for characterizing the rotor, nozzle, and volute, can be calculated, as
well as the properties of the working fluids in different sections. To calculate the proper-
ties of the working fluids, mathematical functions were developed and implemented in
MATLAB using CoolProp [40].



Energies 2023, 16, 3383 5 of 31

Geometric, aerothermodynamic, and efficiency parameters were calculated to define
the stopping criteria of the calculation algorithm proposed in this study. As shown in
Figure 1, the first stopping criterion of the calculation method implemented in this study
was the Mach number to ensure the subsonic behavior of the turbine [31,39,41], a desired
design condition. Next, the rotor, nozzle, and volute losses were determined. These
parameters were used to determine the turbine efficiency value. Using this efficiency value,
the second stopping criterion was applied to compare the efficiency value defined at the
initial stage of the algorithm with the value determined from losses in turbine components.
When the stopping criteria were not met, the design parameters were changed, and a
new turbine efficiency value was applied until all design conditions were reached. Once
these criteria were met, the output parameters of the one-dimensional turbine design were
determined, as well as the parameters needed to start developing the 3D turbine design.

From the 3D turbine design, turbine efficiency curves were constructed under design
and off-design conditions to analyze the parameters with the strongest effect on the design
conditions. Additionally, in this step, the variations of absolute and meridional velocity,
pressure, and Mach number in the turbine rotor and nozzle were analyzed to identify the
regions of these components that displayed a specific or unwanted behavior and that could
be improved by subsequent optimization. Figure 2 shows some geometric parameters of
the radial inflow turbine, which were subsequently used in different calculation procedures
of the turbine design [41].

Energies 2023, 16, x FOR PEER REVIEW  5  of  32 
 

 

As shown in Figure 1, in the initial phase of the calculation algorithm, the necessary 

parameters were introduced in the power block to characterize the energy source. Subse‐

quently, some operating and design parameters and operating conditions were defined, 

including the initial value of turbine efficiency. By following the defined steps, the design 

parameters, necessary for characterizing the rotor, nozzle, and volute, can be calculated, 

as well as the properties of the working fluids in different sections. To calculate the prop‐

erties of the working fluids, mathematical functions were developed and implemented in 

MATLAB using CoolProp [40]. 

Geometric, aerothermodynamic, and efficiency parameters were calculated to define 

the stopping criteria of the calculation algorithm proposed in this study. As shown in Fig‐

ure 1, the first stopping criterion of the calculation method implemented in this study was 

the Mach number to ensure the subsonic behavior of the turbine [31,39,41], a desired de‐

sign condition. Next, the rotor, nozzle, and volute losses were determined. These param‐

eters were used to determine the turbine efficiency value. Using this efficiency value, the 

second stopping criterion was applied to compare the efficiency value defined at the ini‐

tial stage of the algorithm with the value determined from losses in turbine components. 

When the stopping criteria were not met, the design parameters were changed, and a new 

turbine efficiency value was applied until all design conditions were reached. Once these 

criteria were met, the output parameters of the one‐dimensional turbine design were de‐

termined, as well as the parameters needed to start developing the 3D turbine design. 

From the 3D turbine design, turbine efficiency curves were constructed under design 

and off‐design conditions to analyze the parameters with the strongest effect on the design 

conditions. Additionally, in this step, the variations of absolute and meridional velocity, 

pressure, and Mach number in the turbine rotor and nozzle were analyzed to identify the 

regions of  these  components  that displayed  a  specific or unwanted behavior and  that 

could be improved by subsequent optimization. Figure 2 shows some geometric parame‐

ters of the radial inflow turbine, which were subsequently used in different calculation 

procedures of the turbine design [41]. 

 

Figure 2. Meridional view of the radial inflow turbine, indicating different components and main 

dimensions, adapted from [41]. 

Based on the symbols presented in Figure 2 and following the sequence defined in 

the calculation algorithm shown in Figure 1, several steps were taken to achieve the ob‐

jective of the method proposed  in this study, as presented below. Thus, the initial step 

consisted of defining the equations, parameters, and considerations needed to model the 

rotor of a radial inflow turbine. 
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Based on the symbols presented in Figure 2 and following the sequence defined in the
calculation algorithm shown in Figure 1, several steps were taken to achieve the objective
of the method proposed in this study, as presented below. Thus, the initial step consisted
of defining the equations, parameters, and considerations needed to model the rotor of a
radial inflow turbine.

3. Rotor Model

The following three parameters are important for the analysis of this component [41]:
the load coefficient, the flow coefficient, and the meridional velocity ratio. The load
coefficient (ψ) is a measure of the turbine work and load, and this parameter is determined
by Equation (1).

ψ =
∆h0

U2
4

=
Cθ4

U4
− εCθ6

U4
(1)
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where (ε = r6/r4). For a radial turbine, ψ values ranging from 0.6 to 1.4 can be used [41].
The flow coefficient is determined according to Equation (2) [41].

Φ =
Cm6

U4
(2)

For a radial turbine, the flow coefficient can be defined in the [0.2–0.5] range [40]. The
third parameter is the meridional/velocity ratio ξ at the rotor outlet and inlet, which is
defined according to Equation (3) [41].

ξ =
Cm4

Cm6
(3)

According to Aungier [42], the ξ value can range from 0.67 to 1.
The minimum loss of kinetic energy in the rotor is achieved when the absolute angle of

the fluid is zero. Under this condition, the absolute velocity of the fluid at the turbine outlet
is its minimum [43,44]. For Cθ6 = 0, the load coefficient is calculated using Equation (4).

ψ =
Cθ4

U4
(4)

The circumferential rotation speed at the rotor inlet U4 is determined according
to Equation (5).

U4 =

√
∆h0

ψ
(5)

Thus, the tangential component of absolute velocity at the rotor inlet (Cθ4) can be
calculated according to Equation (6).

Cθ4 = ψU4 (6)

Figure 3 shows the fluid velocity triangle at the rotor inlet for β4 < 0.
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From the parameter Φ, Equation (2), the meridional component of absolute velocity at
the rotor outlet can be determined (Cm6) using Equation (7).

Cm6 = ΦU4 (7)

The meridional component of absolute velocity at the rotor inlet (Cm4) is determined
using Equation (8).

Cm4 = ξCm6 (8)



Energies 2023, 16, 3383 7 of 31

From Equations (6) and (8), the absolute velocity at the rotor inlet C4 is determined
using Equation (9).

C4 =
√

Cm4 + Cθ4 (9)

Using the velocity triangle of Figure 3, the absolute flow angle of the fluid at the rotor
inlet α4 is determined using Equation (10).

α4 = tan−1
(

Cθ4

Cm4

)
(10)

Additionally, the relative flow angle of the fluid at the rotor inlet β4 is determined
using Equation (11).

β4 = tan−1
(

Cθ4 −U4

Cm4

)
(11)

With β4, the relative velocity at the rotor inlet (W4) can be determined using Equation (12).

W4 =

(
Cm4

cos(β4)

)
(12)

The meridional component of the relative velocity at the rotor inlet Wm4 is determined
using Equation (13).

Wm4 = Cm4 (13)

The tangential component of the relative velocity at the rotor inlet Wθ4 is determined
using Equation (14).

Wθ4 = W4(sin(β4)) (14)

Assuming that the volute flow is adiabatic, and since no research has been conducted
on this component, the total enthalpy through the nozzle is conserved, and the enthalpy
at the nozzle outlet (h03) is equal to the total enthalpy at the turbine inlet (h01). Thus, the
total enthalpy at the rotor inlet is equal to the total enthalpy at the nozzle outlet h04 = h03.
Hence, the total pressure at the turbine inlet can be determined using Equation (15).

P04 = P01 −
(
ρ01∆hreal(1− ηturbine)

4ηturbine

)
(15)

With the values of h04, C4, and the enthalpy loss coefficient at the nozzle (
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tb4 0.04 r4  (16) 

value
ranging from 0.05 to 0.15 [46]), the following parameters can be determined: h4, h4ise, I4,
Ma4, Ma4rel, and P4.

The parameters, such as inlet blade thickness (tb4), outlet blade tip thickness (t6t),
outlet blade root thickness (t6h), outlet blade root radius (rh6), the axial length of the rotor
(LR), and the number of blades (ZR) are determined using the following equations [42,47]:

tb4 = 0.04 r4 (16)

t6t = 0.01 r4 (17)

t6h = 0.02 r4 (18)

rh6 = 0.18 r4 (19)

LR = 1.5(rs6 − rh6) (20)

ZR =
( π

30

)
(110− α4)tan(α4) (21)

According to the equation proposed by Balje [48], the radius from the axis of rotation
of the turbine to the rotor inlet (r4) can be determined using Equation (22) [48].

r4 =

(
U4

ω

)
(22)
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Additionally, from the continuity equation, the area necessary for fluid flow at the
rotor inlet can be determined using Equation (23).

A4 =

.
m

ρ4Cm4
(23)

The rotor inlet blade height b4 can be determined using Equation (24).

b4 =
A4

2πr4 − ZReb4
(24)

Figure 4 shows the velocity components at the rotor outlet.
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The value of the circumferential rotation speed at the rotor outlet (U 6) is determined
using Equation (25).

U6 = εU4 (25)

The absolute velocity at the rotor outlet (C6) can be expressed using Equation (26),
and the meridional component of the relative velocity at the rotor outlet (Wm6) can be
determined using Equation (27).

C6 =

(
Cm6

cos(α6)

)
(26)

Wm6 = Cm6 (27)

The tangential component of the relative velocity at the rotor outlet (Wθ6) can be
determined using Equation (28).

Wθ6 = Cθ6 −U6 (28)

From Equations (7) and (28), the relative velocity W6 can be determined according
to Equation (29).

W6 =
√

C2
m6 + W2

θ6 (29)
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The following parameters can be determined from the value of the turbine pressure
ratio and s01: h06, s06, P06, h6, ρ6, P6, and T6. The rotor outlet area (A6) is calculated
using Equation (30).

A6 =

.
mcro

ρ6Cm6
(30)

Additionally, the values of the radii at the rms point (rrms6) and rotor outlet blade tip
(rs6), defined in Figure 2, can be determined using Equations (31) and (32).

rs6 =

√
A6

π
+ r2

h6 (31)

rrms6 =

√
r2

h6 + r2
s6

2
(32)

With the (rs6), (rs6), (rrms6), and ω values, the blade circumferential speeds (Uh6),
(Urms6), and (Us6) can be determined using Equations (33)–(35).

Uh6 = ωrh6 (33)

Urmsh6 = ωrrms6 (34)

Us6 = ωrs6 (35)

Additionally, the following respective relative velocity components and relative angles
of the flow at the impeller outlet can be determined using the parameters presented above:

Wh6 =
√

C2
6 + U2

h6 (36)

Wrms6 =
√

C2
6 + U2

rms6 (37)

Ws6 =
√

C2
6 + U2

s6 (38)

βh6 = tan−1
(
−Uh6

C6

)
(39)

βrms6 = tan−1
(
−Urms6

C6

)
(40)

βs6 = tan−1
(
−Us6

C6

)
(41)

Finally, the absolute and relative Mach numbers Ma6 and Ma6rel are calculated to
determine the fluid behavior at the rotor outlet.

4. Nozzle Model

In radial turbine projects, the design of the fixed blades (the nozzle) must be correctly
analyzed. Therefore, parameters (Figure 5), such as the distance between nozzle blades
(s3b), nozzle throat width (o3b), and the number of stator vanes (Zb) must be assessed.
According to Venturta et al. [49], (Zb) can be determined using Equation (42).

Zb =
2πr1(

Cs
Ss

) (42)

where Ss is a nozzle design parameter [1.0–2.8] [50] and Cs is the nozzle blade chord. The
nozzle blade chord (Cs) is calculated using Equation (43) [50].

c2
s + 2r1cscos(α3) +

(
r2

3 − r2
1

)
= 0 (43)
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This equation is only valid if the length of the blade surface is equal to the length of
the blade chord, which applies to blades without curvature.

The distance between the nozzle outlet (r3) and the rotor inlet (r4) is determined using
Equation (44), considering (α3 = α4) [41,51].

∆r = KIb4 cos(α3) (44)

where ∆r is the distance between the nozzle outlet and the impeller inlet (∆r = r3 − r4).
Watanabe et al. [51] suggested that the maximum efficiency of a radial turbine is reached
at KI = 2.

The nozzle inlet radius (r1) is calculated to solve Equation (43). This parameter can be
determined under the design condition defined by Equation (45) [52].

r1 = 1.3r4 (45)

With the (α3), (r3), and (r1) values, (Cs) can be determined using Equation (43) and
Zb using Equation (42). The distance between nozzle blades (s3b), the nozzle throat width
(o3b), and the nozzle inlet flow angle (α1) is determined using Equations (46)–(48) [42].

s3b =
2πr3

Zb
(46)

o3b = s3bcos(α3) (47)

α1 = tan−1

(
sin(α3)

cs
r3
+ cos(α3)

)
(48)

As shown in Figure 5, the inlet (b1) and outlet (b3) nozzle blade heights are equal to the rotor
inlet height (b4). Thus, the volute inlet area (A0) can be determined using Equation (49) [52].

Ao = π (r0 − r1)
2 (49)

The nozzle inlet area is calculated using Equation (50).

A1 = 2π r1 b (50)

where r0 is the volute inlet radius that is calculated using Equation (51) [52].

r0 = 2 r1 (51)
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The volute inlet velocity is determined using Equation (52).

C0 =

( .
mcro

ρ0A0

)
(52)

Thus, the velocity triangle at the nozzle inlet can be determined as follows:

Cθ1 = C0

(
r0

r1

)
(53)

Cm1 = C0

(
A0

A1

)
(54)

C1 =
√

C2
θ1 + C2

m1 (55)

The C3 velocity is determined using Equation (56).

C3 =

( .
mcro

Agρ3(1− fb)

)
(56)

Additionally, Cm3 and Cθ3 are calculated using Equations (57) and (58), respectively.

Cm3 = C3cos(α3) (57)

Cθ3 = C3sin(α3) (58)

From the parameters calculated above, the following values were determined: h1,
Ma1, h3, h3ise, P3, and Ma3.

5. Volute Model

Volute design methods are based on the assumption of constant angular momentum
(or free vortex) or of constant mean velocity through the volute [53]. Thus, the behavior of
the volute can be characterized using Equation (59) or (60).

rCθ = Constant = K (59)

RvC4 = Cmean = Constant (60)

where the mass flow in the azimuthal direction (ψ) is calculated using Equation (61).

.
mψ =

.
mcro

(
1− ψ

2π

)
(61)

Designing the volute requires determining the radius of the azimuthal angle or blade
loading coefficient (ψ), which can be calculated using Equation (62) [41].

rψ =

√√√√√
 .

mcror0

(ρ01C0r0π)
(

1−
(
ψ
2π

))
 (62)

After modeling the main components of the radial turbine, such as the rotor, nozzle,
and volute, the following concepts will be defined to evaluate turbine losses.
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6. Radial Turbine Losses

Radial turbine rotor, nozzle, and volute losses will be described in this model. These
losses can be expressed as a function of enthalpy drop through the component; then, the
isentropic efficiency of the turbine can be calculated using Equation (63) [45,50].

ηise =

(
∆h0

∆h0 + ∑ ∆hp

)
(63)

6.1. Rotor Losses

In this section, a simplified model is presented given the complexity of simulating the
real three-dimensional behavior of the flow inside the rotor [41].

Tip clearance losses: These losses can be calculated using the equation proposed by
Rahbar et al. [45], which is Equation (64).

∆hftp =

(
U3

4ZR

8π

)(
0.4εxCx + 0.75εrCr − 0.3

√
εxεrCxCr

)
(64)

Cx =

1−
(

rt6
r4

)
Cm4b4

 (65)

Cr =

(
rt6

r4

)(
LR − b4

Cm6r6b6

)
(66)

where εx and εr are the axial and radial distances in the blade tip, calculated with Equation (67).

εx = εr = 0.04(rt6 − rh6) (67)

Figure 6 shows a simplified schematic representation of the radial turbine, the main
design radii, and the axial and radial clearances.
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Figure 6. Schematic representation of the radial turbine and the main geometric design parameters.
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6.1.1. Friction Losses

These losses are located in the turbine rotor backface and are caused by the working fluid
flow through the rotor backface [35]. They can be calculated using Equation (68) [45,54].

∆hat = fr

(
1 + 0.075Re0.25

√
Dhid
2rc

)[
Re
(

D4

2rc

)]0.05
W4 +

(
Wt6+Wh6

2

)
2

2(
Lhid
Dhid

)
(68)

where fr is the friction factor, which is determined using Equation (69) [55].

fr = 8

( 8
Re

)12
+

[2.457ln

(
1[ 7

Re
]
+ RR

)]16

+

[
37530

Re

]16
−1.5


1
12

(69)

Re =

 U4b4ρ4
µ4

+ U6(rt6−rh6)ρ6
µ6

2

 (70)

The hydraulic length (Lhid) and diameter (Dhid) are calculated using
Equations (71) and (72), respectively [45].

Lhid
π

2


√√√√(

r4 − rt6 +
b4
2

)2
+
(

rt6−rh6
2

)2

2

 (71)

Dhid = 0.5

[
4πb4r4

2πr4 + ZRb4
+

2π
(
r2

t6 − r2
h6
)

π(rt6 − rh6) + ZR(rt6 − rh6)

]
(72)

where Re is the mean Reynolds number between the turbine inlet and outlet, and RR is the
relative wall roughness. Rahbar et al. [45] demonstrated that the value of this parameter
can be considered equal to 0.0002 m [42,45].

6.1.2. Outlet Losses

According to [35,46,50], outlet losses can be determined using Equation (73).

∆hs =
C2

6
2

(73)

Incidence losses: Incidence losses can be determined when the incidence angle differs
from zero, using Equation (74) [56].

∆hi = 0.5W2
4sinn(i) (74)

The angle of incidence is calculated using Equation (75) [41].

i = β4 − β4_optimum (75)

The optimal value of the rotor inlet fluid angle (β4_optimum) can be calculated
using Equation (76) [36].

β4_optimum = 90−
[

tan−1
(
−1.98U4

Cm4ZR

)]
(76)
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6.1.3. Aerodynamic Load Losses

These losses are calculated as a function of enthalpy drop using Equation (77) [49].

∆hw = kf

(
ρU2

4r2
4

2
.

mW2
6

)
(77)

where kf represents the torque coefficient, a parameter that can be calculated using
Equations (78) and (79) [57].

kf =
3.7
(
εcp
r4

)0.1

Re0.5 For Re < 105 (78)

kf =
0.102

(
εcp
r4

)0.1

Re0.2 For Re > 105 (79)

where εcp is the blade backface clearance or gap. According to Erbas et al. [58], εcp = 0.1 mm [58].

6.1.4. Trailing Edge Loss

This loss can be determined using Equation (80) [41].

∆h = 0.5(Cm5 −Cm6)
2 (80)

6.2. Nozzle Losses

In this study, the enthalpy drop through the turbine nozzle will be modeled by
calculating the nozzle friction loss, according to Equation (81) [45].

∆hb = 4frC2
b

Lhid_b

Dhid_b
(81)

Lhid_b = (r1 − r3) (82)

dhid_b = 0.5

8πr1b4cos(α1)

4πr1 +
4πb4r1
σb

+
8πr3b4cos(α3)

4πr3 +
4πb4r3
σb

 (83)

Reb =


(

U1b4ρ1
µ1

)
+
(

U3b4ρ3
µ3

)
2

 (84)

where Cb is the mean absolute velocity between the nozzle inlet and outlet, Lhid_b is the
nozzle hydraulic length, Dhid_b is the nozzle hydraulic diameter, and Reb is the mean
Reynolds number. The nozzle width is considered constant and equal to b4, and the nozzle
solidity (σb) is equal to 1.35, according to [59].

6.3. Volute Losses

Volute losses are calculated using Equation (85).

∆hvolute =

(
kvoluteC2

1
2

)
(85)

7. 3D Radial Turbine Design

Using the preliminary model of the radial turbine, the geometric parameters of the
volute, nozzle, and rotor are determined. From this model, the necessary parameters for
the development of the 3D turbine design are determined. For each working fluid (R-245fa,
R-141b, and R-123), a one-dimensional design of the turbine was developed, followed



Energies 2023, 16, 3383 15 of 31

by a 3D design in CFX-ANSYS. The working fluids were chosen for their low ozone
layer depletion potential, i.e., R-245fa (0), R-141b (0.12), and R-123 (0.022). Additionally,
some of them have been used for electricity generation in ORC systems. In terms of
global warming potential, these fluids present acceptable values in relation to other fluids,
i.e., R-245fa (950), R-141b (713), and R-123 (76) [60]. These fluids were selected from a
group of fluids used in different published studies on heat recovery systems from organic
Rankine cycles [50,61,62].

Figure 7 shows a simplified flowchart of the method applied to develop the 3D turbine designs.
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During the 3D project, each turbine geometry was generated in ANSYS Bladegen®,
the meshes were generated and configured in ANSYS Turbogrid®, and the boundary
conditions of each case analyzed and simulated in this study were defined using the tool
CFX-Pre®. In addition, the simulation control conditions were set in CFX-Pre® for each
case developed in this study. After all the steps shown in Figure 7, the 3D geometries of
the ORC turbine nozzle and radial rotor were obtained based on the working fluid and
operating conditions defined for each project. The simulations performed in the module
CFX-Pre® yielded pressure, velocity, and Mach number profiles across turbine components.

8. Validation of One-Dimensional Mathematical Models of the Radial Turbine

Table 1 outlines the radial turbine design parameters used to validate the one-dimensional
radial turbine model.
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Table 1. Input parameters of the radial turbine design.

Radial Turbine Parameters

Fluid R-245fa
Flow coefficient (φ) 0.215

Pressure coefficient (ψ) 0.918
Inlet total pressure (kPa) 1000

Condenser working temperature (K) 303.15
Rotation (rpm) 9000

Mass flow rate (kg/s) 10.92

Table 2 outlines the parameters compared in the validation of the one-dimensional
model of the radial turbine. For this purpose, we used the operating and design parameters
of a radial turbine proposed by Paltrinieri [52] for a 267 kW turbine.

Table 2. Parameters compared in the validation of the radial turbine.

Parameter Paltrinieri [52] NEST Model Difference (%)

Rotor
Inlet radius, r4 (m) 0.1796 0.1709 4.8

Inlet blade height, b4 (m) 0.0114 0.0106 7.0
Inlet absolute flow angle, α4 (◦) 76.8186 76.8186 0
Inlet relative flow angle, β4 (◦) −43.4682 −42.5484 2.1
Inlet static temperature, T4 (K) 354.62 353.7832 0.24
Inlet static pressure, p4 (kPa) 585.37 590.7688 0.92

Inlet absolute Mach number, Ma4 1.0369 1.0479 1.06
Inlet relative Mach number, Ma4′ 0.3258 0.2788 14.4

Outlet hub radius, r6h (m) 0.0539 0.053 1.7
Outlet shroud radius, r6s (m) 0.1169 0.1182 1.1
Outlet blade height, b6 (m) 0.063 0.0653 3.7

Outlet absolute flow angle, α6 (◦) −0.4018 −0.4018 0
Outlet relative flow angle, β6_rms −64.0532 −65.0962 1.6
Outlet static temperature, T6 (K) 325.74 323.8017 0.59
Outlet static pressure, p6 (kPa) 171.81 175.12 1.92

Outlet absolute Mach number, Ma6 0.2582 0.2434 5.7
Outlet relative Mach number, Ma6´ 0.59 0.6277 4.7

Number of blades, ZR (−) * 18
Nozzle

Inlet radius, r1 (m) 0.2335 0.2222 4.8
Inlet blade height, b1 (m) 0.0114 0.0106 7.0

Inlet static temperature, T1 (K) 369.75 369.89 0.04
Inlet static pressure, p1 (kPa) 995.88 999.9 0.4

Inlet absolute Mach number, Ma1 0.095 0.1100 15.7
Outlet radius, r2 (m) 0.1811 0.1734 4.3

Outlet blade height, b2 (m) 0.0114 0.0106 4.38
Outlet absolute flow angle, α2 (◦) 76.8186 76.8186 4.14

Inlet static temperature, T2 (K) 354.62 353.7832 0.174
Outlet static pressure, p2 (kPa) 585.37 590.7688 0.107

Outlet absolute Mach number, Ma2 1.0369 1.0479 1.06
Number of blades, ZB (−) 25 25 0

Total to static efficiency, ηts (%) 74.1 71.85 3.0
Net Power, P (kW) 267 260.5 2.4

* The reference does not provide the value of the parameter.

The comparison of the parameters in the validation process (Table 2) showed max-
imum differences in the relative Mach number at the rotor inlet (Ma4′) and in the Mach
number at the nozzle inlet (Ma1). These values can be explained by the differences in the
approaches implemented in the calculation algorithm between this study and the study by
Paltrinieri [52]—for example, in the nozzle and volute design and in the model of turbine
losses, in addition to the design considerations that were not fully defined in the reference
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from the literature. Excluding the rotor inlet blade height (b4), for which the difference
from the reference value was 7%, the other parameters evaluated showed differences of
less than 5%.

9. Radial Turbine Design Results

The main results of the preliminary radial turbine designs for R-245fa, R-141b, and
R-123 are presented in this section. Subsequent analyses were performed to improve the
geometries and boundaries of each turbine component (nozzle and rotor) and enhance their
efficiency. The 3D design of these turbines was developed based on the parameters deter-
mined at this stage. Table 3 outlines the parameters used to develop the one-dimensional
design of each turbine.

Table 3. Parameters of the radial turbine project.

Parameter/Fluid R-245fa R-141b R-123b

Turbine nozzle inlet total temperature (◦C) 79.9 94.3 96.6
Mass flow rate of the working fluid (kg/s) 0.61 0.45 0.62

Flow coefficient (φ) 0.215 0.215 0.215
Load coefficient (ψ) 0.918 0.918 0.918

Pressure ratio 5.71 4.71 4.71
Rotation speed,ω (rpm) 25,800 22,000 24,000

Table 3 presents the results found after completing all steps of the radial turbine prelim-
inary design (see Figure 6) and from the subsequent analysis of the improvements of each
of the resulting turbine configurations. For this analysis, a reference power output (9 kWe)
was defined and based on data from the one-dimensional model, the necessary adjustments
were made to obtain the best behavior of the working fluid in each configuration. This
required introducing some modifications to the geometries of each configuration, thereby
leading to differences between the power output from each turbine configuration and the
value defined as the reference power.

Based on these, the main aerodynamic design parameters of the radial turbine were
determined for the three organic fluids selected for this study. The radial turbine designs
developed in this study were mainly analyzed for the geometric parameters of their nozzle
rotors because they are often considered the most critical turbine components. As presented
in the mathematical modeling section, the volute design was briefly analyzed. Different
studies found in the scientific literature have focused their analysis on the characterization
and modeling of the turbine nozzle and rotor [35,63,64]. Table 4 outlines the geometric and
operating parameters of the turbine nozzle and rotor designs.

The parameters presented in Table 4 made it possible to start constructing the nozzle-
rotor passage geometries of the three turbines proposed in this study. In the first phase,
the nozzle and rotor geometries were created on the Bladegen-ANSYS platform. The mesh
configuration step of each component begins from each geometry. Mesh creation is a critical
phase in the development of the project because mesh quality directly affects the behavior
of fluids within each component and the efficiency of the equipment.

Figure 8 shows the distribution of turbine shroud, rotor, and nozzle losses of the
projected turbines operating with R-245fa, R-141b, and R-123 with the characteristics
outlined in Table 4.
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Table 4. Radial turbine nozzle and rotor parameters.

Parameter R-245fa R-141b R-123

Rotor
Inlet radius, r4 (m) 0.0568 0.0592 0.0531

Inlet blade height, b4 (m) 0.0036 0.0039 0.0041
Inlet absolute flow angle, α4 (◦) 76.8186 76.8186 76.8186
Inlet relative flow angle, β4 (◦) −45.718 −46.0327 −40.3337
Inlet static temperature, T4 (◦C) 66.5 80.3 81.5

Inlet static pressure, p4 (kPa) 394.8306 325.7557 371.049
Inlet absolute Mach number, Ma4 0.9591 0.8798 0.9586
Inlet relative Mach number, Ma4

′ 0.2618 0.2392 0.2541
Outlet hub radius, r6h (m) 0.0222 0.0231 0.0207

Outlet shroud radius, r6s (m) 0.037 0.0376 0.0357
Outlet blade height, b6 (m) 0.0148 0.0145 0.015

Outlet absolute flow angle, α6 (◦) 0 0 0
Outlet relative flow angle, β6_rms (◦) −66.8922 −66.6462 −67.2171
Outlet relative flow angle, β6_h (◦) −61.1328 −61.1328 −61.1328
Outlet relative flow angle, β6_t (◦) −71.7233 −71.3152 −72.2554
Outlet static temperature, T6 (◦C) 37.5 47.4 53.5

Outlet static pressure, p6 (kPa) 116.4663 107.3252 131.6736
Outlet absolute Mach number, Ma6 0.2357 0.2219 0.2299
Outlet relative Mach number, Ma6

′ 0.5967 0.5617 0.5819
Number of blades, ZR (−) 18 18 18

Nozzle
Inlet radius, r1 (m) 0.0739 0.0769 0.0691

Inlet blade height, b1 (m) 0.0036 0.0039 0.0041
Inlet static temperature, T1 (◦C) 79.9 94.4 96.7

Inlet static pressure, p1 (kPa) 659.1412 505.5017 620.1825
Inlet absolute Mach number, Ma1 0.1955 0.1796 0.1891
Inlet absolute flow angle, α1 (◦) 49.1958 49.3194 49.4424

Outlet radius, r2 (m) 0.0575 0.0599 0.0539
Outlet blade height, b2 (m) 0.0026 0.0039 0.0041

Outlet absolute flow angle, α2 (◦) 76.8186 76.8186 76.8186
Outlet static temperature, T2 (◦C) 66.5 80.3 81.5

Outlet static pressure, p2 (kPa) 394.8306 325.7557 371.049
Outlet absolute Mach number, Ma2 0.9591 0.8798 0.9586

Blade thickness (mm) 0.59171 0.58982 0.57152
Number of blades, ZB (−) 25 25 25
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The results shown in Figure 8 highlight that, for radial inflow turbine designs, the
greatest losses occur at the nozzle, clearances, and rotor passage. For the three radial
inflow turbine configurations, the lowest losses occur at the channel outlet, volute, and disc
(friction). These results show the high impact that the nozzle design has on the working
fluid and its flow regime along this component and its transition to the rotor. Another
important aspect to verify is the spacing between the turbine components to avoid excessive
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energy loss through these clearances. Finally, the sensitivity analysis showed that optimized
turbine rotor projects allow for reductions in the losses present in the turbine rotor.

To ensure the quality of the mesh of each project, an independent analysis must be
performed for each mesh to assess the quality of the findings in each project. Table 5
presents the independent studies performed for each radial turbine design.

Table 5. Results of the mesh independent studies.

Working Fluid Number of Elements ηt (%) Pt (kW) Difference (%) ηt Difference (%) Pt

R-245fa
413,845 76.12 8.76 - -
629,391 76.73 8.71 0.8 0.57

R-141b
510,330 80.30 9.41 - -
782,506 80.47 9.37 0.21 0.42

R-123
418,276 77.60 7.37 - -
627,414 78.20 7.40 0.77 0.40

10. Efficiency Characteristics of the Radial Turbine Nozzle-Rotor Set

The mesh geometries, configuration and evaluation, and the definition of the boundary
conditions and control parameters of the simulations were performed for the designs
defined in Table 4 before evaluating the results from each simulation. Figure 9 shows
pressure boundaries from the rotor inlet to the outlet in the meridional plane of the nozzle-
rotor set.

The pressure boundaries shown in Figure 9 highlight a pressure drop from the noz-
zle inlet to the impeller outlet in each design. Moreover, there is no uniform pressure
distribution among the designs. This lack of uniformity is mainly associated with the
physicochemical characteristics of each working fluid used and with the geometric config-
uration of each turbine design (Table 4). For the pressure distribution analysis along the
nozzle up to the rotor outlet, a decrease in the pressure value of 21.4% was observed for the
turbine project with R-245fa, 27.3% for the turbine with R-141b and 23.1% for the turbine
with R-123.

Figure 10 shows Mach number boundaries in the nozzle-rotor set at 50% nozzle and
rotor blade height.

Figure 10 shows the absolute Mach number boundaries in the nozzle passage and the
relative Mach number in the rotor for the radial turbine operating with R-245fa, R-141b, and
R-123. In general, Figure 10 shows Mach numbers lower than 1 for the three designs, in
addition to small areas with Mach numbers equal to 1 in the nozzle outlet. As this condition
does not occur along the nozzle outlet surface, this behavior of the fluid can be considered
within the subsonic regime because similar behaviors were presented in other studies on this
component [31]. This type of radial turbine can work with a Mach number of up to 1.5 [41].

Figure 11 shows Mach number boundaries in the meridional plane of the radial turbine
nozzle-rotor set.

The boundaries identify small areas of the nozzle outlet with a Mach number equal to
1 for projects with R-245fa and R-141b. In general, the distribution of the Mach number
along the nozzle and rotor boundary defines the subsonic flow. In the case of the three
turbine projects, the highest Mach number values (close to or equal to 1) are observed at
the rotor inlet. This is related to the effect that must be generated by the turbine nozzles,
which is to generate a transformation of energy in the form of enthalpy to kinetic energy.
Then, a decrease in the value of this parameter is observed along the rotor, reaching values
ranging from 0.65 to 0.3.

Figure 12 shows the distribution of absolute velocity along the nozzle and rotor
passage at 50% meridional plane height.
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Figure 12 shows a small area with the recirculating flow in the R-245fa project and
a larger and sharper area with this behavior in the R-141b project. In general, the fluid
presents a guided flow through the nozzle and the rotor. In the R-123 project, the fluid is
perfectly guided, without disturbing areas inside the component. In the R-141b turbine
(Figure 12b), the fluid recirculation area shows a separation of the fluid boundary layer on
the rotor blade surface. When comparing the three turbine projects and their profiles, it is
observed that in the case of the profile of the project with R-141b (Figure 12b), the angles
obtained for this profile are much steeper in relation to the turbine projects with r-245fa
and R-123.
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Following the radial turbine nozzle and rotor results under design conditions, the next
stage of this work consisted of analyzing the behavior of this component under off-design
conditions. The main results from this analysis are presented below.
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11. Characteristic Curves of Radial Turbines

To determine the behavior of the turbines projected in this study under off-design
conditions, the behavior of each turbine was simulated for different pressure ratio values,
maintaining the rotation speed constant. The other method consisted of varying the
turbine rotation speed while keeping the pressure ratio constant. The parameters for the
design conditions were presented previously, in the section on the one-dimensional turbine
project (Table 3).

Figure 13 shows the variation in the efficiency and power of the radial turbine operat-
ing with R-245fa as a function of the pressure ratio.

For the range of pressure ratios evaluated in the R-245fa turbine design, the minimum
efficiency was 41.44% at a pressure ratio of 2.71, and the maximum performance was
76.12% at a pressure ratio of 5.71, with the latter corresponding to the design condition
for this turbine (black point on the performance curve). This analysis shows that turbine
performance increases with the pressure ratio until reaching a maximum point, after which
turbine performance decreases. This decrease in efficiency results from the increase in
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turbine rotor and nozzle losses. Turbine power increases with the pressure ratio due to the
increase in fluid expansion through the turbine for each increase in the pressure ratio and,
therefore, in the work generated by this component. Under these conditions, the minimum
and maximum power were 2.5 kW at a pressure ratio of 2.71 and 9.42 kW at a pressure
ratio of 7.71. At the design point, the power generated by the turbine was 8.76 kW (black
point on the power curve).

Figure 14 shows the variation in the efficiency and power of the radial turbine operat-
ing with R-245fa as a function of the rotation speed.
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As shown in Figure 14, turbine efficiency and power initially increased with the
rotation speed, until it peaked. From this maximum point, turbine efficiency and power



Energies 2023, 16, 3383 25 of 31

decreased with the increase in the rotation speed. This effect was caused by the increase in
disturbances in flow lines as they pass through the nozzle and rotor. During the simulations,
instability was observed in the behavior of some conditions of the designs. During this
turbine operating range, (nozzle and rotor) losses increased, and in some cases, the fluid
presented a turbulent behavior. For the speed range under study, the minimum and
maximum efficiencies were 31.54% (7000 rpm) and 81.76% (21,000 rpm), while the minimum
and maximum power were 3.35 kW (30,000 rpm) and 11.8 kW (19,000 rpm), respectively.

Figure 15 shows the variation in the efficiency and power of the radial turbine operat-
ing with R-141b as a function of the pressure ratio.
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When the pressure ratio values were tested for the turbine operating with R-141b, the
minimum efficiency was 53.72% at a pressure ratio of 2, and the maximum efficiency was
81.26% at a pressure ratio of 3.71. In the efficiency curve, the black dot defines the design
condition with an efficiency of 80.3% and a power of 9.41 kW at a pressure ratio of 4.71.
The minimum turbine power was 2.3 kW at a pressure ratio of 2, and the maximum power
was 10.2 kW at a pressure ratio of 6. The efficiency and power of the turbine operating with
R-141b and R-245fa varied similarly as a function of the pressure ratio.

Figure 16 shows the variation in the efficiency and power of the radial turbine operat-
ing with R-141b as a function of the rotation speed. As described for R-245fa, the efficiency
and power of the turbine operating with R-141b initially increased with the rotation speed
until reaching a maximum point; then, these parameters decreased with the increase in the
rotation speed. In the range of rotation speeds tested in this study, the minimum efficiency
was 31.2% at a speed of 7000 rpm, and the maximum efficiency was 80.3% at a rotation
speed of 22,000 rpm (at the design point). The minimum power value was 3.14 kW at a
rotation speed of 30,000 rpm, and the maximum power value was 9.88 kW at a rotation
speed of 19,000 rpm. For this fluid, the power at the design point (black dot) was 9.4 kW at
a rotation speed of 22,000 rpm.
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Figure 17 shows the variation in the efficiency and power of the radial turbine operat-
ing with R-123 as a function of the pressure ratio.
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Figure 17. Variation in the total isentropic efficiency and power of the turbine operating with R-123,
as a function of pressure ratio.

As shown in Figure 17, the turbine operating with R-123 had the minimum efficiency
of 47.82% at a pressure ratio of 2 and the maximum efficiency of 77.9% at a pressure ratio
of 4. Based on the analysis of the variation in turbine power, this parameter reached the
minimum value of 0.5 kW at a pressure ratio of 2 and the maximum value of 7.9 kW at a
pressure ratio of 6.71. The design point for R-123 was defined by an efficiency of 77.6% and
a power of 7.37 kW at a pressure ratio of 4.71 and a rotation speed of 24,000 rpm.

Figure 18 shows the variation in the efficiency and power of the radial turbine operat-
ing with R-123 as a function of the rotation speed.
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In the range of rotation speeds tested for the turbine operating with R-123, turbine
efficiency and power initially increased with the rotation speed until it peaked; from this
maximum point of efficiency and power, these parameters decreased with the increase in
the turbine rotation speed. Under these conditions, the minimum and maximum efficiencies
were 32.3% at a rotation speed of 7000 rpm and 79.35% at a rotation speed of 21,000 rpm,
while the minimum and maximum power were 2.89 kW at a rotation speed of 29,000 rpm
and 9.24 kW at a rotation speed of 17,000 rpm, respectively.

Additionally, the efficiency results of turbine designs operating with the organic fluids
R-245fa and R-141b, as well as the variation shown in the characteristic curves presented in
this section, are similar to the findings reported by [65].

The results of the 3D design presented above indicate nozzle outlet obstruction when
the radial turbine is operating with R-245fa and R-141b. Although changes were made
in the design parameters, no considerable differences were found. This effect may be
explained by the decrease in the area of some sections of the components. Therefore,
performing a sensitivity analysis or optimizing the control points of the curves of the nozzle
and rotor blade root and tip may directly help to improve the behavior of the Mach number.

12. Conclusions

This research is one of the few studies that show a complete analysis of the design of a
radial turbine working in an organic Rankine cycle system for low-energy sources such
as solar energy. This paper presents the thermal analysis, preliminary 1D design, and 3D
simulations of the turbine under design and off-design conditions, operating with R-123,
R-141b, and R-245fa. These fluids are recognized in the scientific literature as some of the
most commonly used fluids for heat recovery in low- and medium-temperature processes.

The results show that nozzle, clearance, and rotor passage losses account for most
energy losses in radial inflow turbines. Conversely, turbine rotor outlet, volute, and disc
friction losses are the smallest energy losses. The results obtained in this section allowed
us to determine that in a turbine project, efforts should be concentrated on the design
of the nozzle, rotor, and clearances between different turbine components. This could
lead to an optimization analysis to obtain detailed designs of this type of expander and
its components.

Additionally, the 3D analysis of radial inlet configurations made it possible to establish
strategies for improving the geometric configurations and aerothermodynamic parameters
obtained in the one-dimensional design stage of each turbine analyzed in this study, which
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thereby improved energy use in this type of expansion system. The 3D analysis of turbines
operating with R-123, R-141b, and R-245fa shows that the performance of the turbine
operating with R-141b can be improved by adjusting the rotor curvature or angles, as
shown in Figure 12b. The results of this study highlight the need to integrate optimization
analysis into the design of this type of equipment. Moreover, in this study and under the
conditions of a low-temperature source, improvement strategies were implemented in each
turbine project, albeit without performing an in-depth or detailed optimization analysis.

The results also confirm the effect that turbine efficiency can have on the efficiency
of the organic Rankine cycle, considering that value as a constant when analyzing the
power cycle in general. The analysis of each turbine under off-design conditions shows
that turbine efficiency decreases as a function of the rotation speed and pressure ratio.
For the range of pressure ratios evaluated in the R-245fa turbine design, the maximum
difference in efficiency was 34.68%, and the maximum difference in power was 6.92 kW. In
the range of rotation speeds tested, the maximum difference in efficiency was 50.22%, and
the maximum difference in power was 8.45 kW

For the turbine operating with R-141b and pressure ratio values tested, the maximum
difference in efficiency was 27.54%, and the maximum difference in power was 7.9 kW. In
the range of rotation speeds tested for R-141b, the maximum difference in efficiency was
49.1%, and the maximum difference in power was 6.74 kW.

For the range of pressure ratios evaluated in the R-123 turbine design, the maximum
difference in efficiency was 30.1%, and the maximum difference in power was 7.4 kW. In
the range of rotation speeds tested for R-141b, the maximum difference in efficiency was
47.05%, and the maximum difference in power was 6.35 kW.

Author Contributions: G.C.C.: writing—original manuscript and revisions, simulations. Y.C.E.:
methodology, simulations, supervision. O.J.V.: reviewing and editing. E.E.S.L.: conceptualization,
methodology. A.A.M.: conceptualization, editing. L.S.M.C.: visualization, editing. All authors have
read and agreed to the published version of the manuscript.

Funding: The University Señor de Sipán provided the funds to cover the APC of the paper.

Acknowledgments: The authors wish to thank the Coordination of Improvement of Higher Edu-
cation (CAPES), the National Council of Scientific and Technological Development (CNPq), and
the Foundation for Research Support of the State of Minas Gerais (FAPEMIG) for their cooperation
and financing the development of this work. Additionally, the authors thank the CPFL Energy and
Electricity Regulatory Agency in Brazil, ANEEL Energy company.

Conflicts of Interest: The authors declare no conflict of interest.

Nomenclature

A Area (m2)
b Normal, interaction coefficient, base, nozzle blade
C Specific heat (kJ/kg·K), Absolute velocity
Cs Nozzle Chord
d Diffuse
D Diameter (m)
eva Evaporator
f Friction factor, fluid
Ft Correction factor
h hub
kvolute Pressure loss coefficient
L Length (m)
m Meridional plane
.

m Mass flow (kg/s)
p Constant pressure, loss, projection
R Rotor blade
r Radius (m)
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rms Root mean square radius
T Temperature (K)
s shroud, storage, dry section
Ss Nozzle design parameter
U Circumferential rotation speed (m/s)
v Volute, Volume (m3)
W Relative velocity (m/s)
Z Nozzle blades number
ω Rotation speed (rad/s)
Greek symbols
α Absolute flow angle (◦)
β Relative flow angle (◦)
ε Rotor radius ratio
θ Tangential plane
γfi Interception factor
ξ Meridional speed ratio
ψ Loading coefficient
Φ Flow coefficient
Subscribed
0 Total, Volute input
1 Receiver side one, Nozzle inlet
2 Receiver side two
3 Nozzle outlet
4 Rotor inlet
6 Rotor outlet
in Inlet
ise Isentropic
out Outlet
orc Organic Rankine Cycle
PTC Parabolic Trough Collectors
wf Working fluid
sur Surroundings
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